In this work, the dissipative properties of different coating solutions are compared and a beam mechanical model, taking into account of dissipative actions at the interface between different layers is proposed. The aim is to find optimal coatings to be employed in the production of composites with high damping properties. The investigated coating layers are obtained from different materials and production processes, and are applied on different metallic substrates. The composite specimens, in the form of slender beams, are tested by means of forced excitation dynamic measurements. Force and displacement experimental data, in a wide range of excitation frequencies, are used to estimate the system damping properties. Homogeneous, uncoated specimens are also tested for comparison. A specific identification procedure is used to identify the specimens stress-strain relationship in the frequency domain. The ratio of the imaginary part and the modulus of the specimen estimated complex frequency response function is considered as a measurement of the damping behaviour. A modified third order multi layered beam model, based on the zig-zag beam theory, is proposed. The model takes into account the contribution to the damping behaviour of the frictional actions and slipping at the interface between layers. Frictional actions are modelled by means of a complex, elasto-hysteretic contribution.
Introduction
Coating layer technologies are generally used to improve surface hardness, wear strength, thermal resistance, contact friction, with applications in the cutting tool and gas turbine industry [1] [2] [3] [4] [5] [6] . Since mainly impulsive, high surface contact forces are expected to be applied to cutting tool components, coating toughness is a major requirement. Plasma Vapour Deposition (PVD) techniques and Chemical Vapour Deposition (CVD) techniques are mainly used in this context [3] , generating high residual stresses at the interface between the coating layer and the substrate. In operating conditions, the combination of residual and working load generated stresses can produce coating peeling and surface cracks [2] that compromise the effectiveness of the coating treatment. Coating toughness and maximization of the coating adhesion properties are also a major requirement in other mechanical contexts such as Micro Electro-Mechanical Systems (MEMS) devices, where mainly large flexural displacements and strains, and by consequence high surface stresses, are expected [7] . Residual stress evaluation at the experimental and at the design stage is generally required in this context, and experimental nano-indentation techniques [8, 9] and model-based techniques [7] are known.
Coatings can also be employed to increase the global dissipative properties of an industrial component with limited influence on the other mechanical properties [10] [11] [12] . Mechanical components with high stiffness, resistance and vibration damping specifications are in great demand for most 
APM and ZPM Solutions
The APM solution is made by mixing of alumina powder, particle size 0.5 µm, with the activator defined in Table 1 , mass ratio between alumina powder and activator being 1/1. The ZPM solution is made by mixing of a zirconia powder, particle size 0.4 µm, with the activator defined in Table 1 , mass ratio between Zr powder and activator being 1/1.
The composite coatings result in a paste-like solution, and consolidation reactions then follow because of dehydration of the APM and ZPM solutions. Mechanical strength results from the chemical bonds between the basic potassium silicate in alkali solution chains and the acid alumina and zirconia powders.
Specimens Preparation
Eight composite components are obtained by applying coating layers on the two opposite faces of the beam substrate. The specimen geometry specifications are length (11.0 ± 0.01) × 10 −3 m, thickness (0.5 ± 0.01) × 10 −3 m and width (3.0 ± 0.01) × 10 −3 m.
Specimen data are reported in Table 2 , including the specimen label, the substrate and the coating layer material, the production technique, and the coating layer thickness. Table 1 label "raw" indicates that the surface substrate is unfinished, texture R a 0.8, while "sdb" label refers to a sandblasted surface substrate, texture R a 12. After applying the GP, APM and ZPM coatings to the metal substrates, all samples were cured at T = 25 • C for 9 days, in order to increase the adhesion behaviour [35] . According to known literature [35, 36] , a geopolymer cured at room temperature tends to slowly change its structure and presents a low porosity and a high toughness while when cured at a higher temperature it exhibits faster structure changes, higher porosity and lower toughness.
In previous works [22, 23] , TiO 2 and Al 2 O 3 based coatings were considered, but the results did not show a meaningful improvement with respect to the uncoated beam specimen, concerning both vibration damping behaviour and adhesion strength in cyclic loading condition. In this contribution, new layer technologies based on a screen printing production process and inorganic polymer based composite material solutions, are taken into account.
Optical and SEM Specimen Structural Characterization
The coating structure and the coating-substrate interface is analyzed by means of optical and scanning electron microscopy (SEM). Samples were fracture cut in the transverse cross section, in order to expose the whole cross section. Before optical investigation, the specimen cross sections were embedded in epoxy resin and polished with abrasive SiC paper up to 2500 mesh and then by using a diamond based, 0.5 µm particle size, lapping paste. Chemical etching (Ethanol added to 3% HNO 3 at 150 • C) then follows. Figure 1a -c report the SEM images related to the three coatings solutions proposed. All coatings present a typical composite structure, showing: geopolymer and unreacted potassium silicate (Figure 1a) , the potassium silicate as matrix and fine alumina dispersed particles (Figure 1b) , the potassium silicate as matrix and zirconia dispersed particles (Figure 1c ). In Figure 1b the 0.5 µm particle size is observed and the almost total absence of shrinkage and solidification defects to form rigid structures, possibly associated to big strength characteristics, is also outlined. In Figure 1c , the size of zirconia powder is difficult to evaluate because of the resulting irregular morphology with brittle fragments of consolidate and dehydrate potassium silicate. According to known literature [35, 36] , a geopolymer cured at room temperature tends to slowly change its structure and presents a low porosity and a high toughness while when cured at a higher temperature it exhibits faster structure changes, higher porosity and lower toughness.
In previous works [22, 23] , TiO2 and Al2O3 based coatings were considered, but the results did not show a meaningful improvement with respect to the uncoated beam specimen, concerning both vibration damping behaviour and adhesion strength in cyclic loading condition. In this contribution, new layer technologies based on a screen printing production process and inorganic polymer based composite material solutions, are taken into account.
The coating structure and the coating-substrate interface is analyzed by means of optical and scanning electron microscopy (SEM). Samples were fracture cut in the transverse cross section, in order to expose the whole cross section. Before optical investigation, the specimen cross sections were embedded in epoxy resin and polished with abrasive SiC paper up to 2500 mesh and then by using a diamond based, 0.5 μm particle size, lapping paste. Chemical etching (Ethanol added to 3% HNO3 at 150 °C) then follows. Figure 1a -c report the SEM images related to the three coatings solutions proposed. All coatings present a typical composite structure, showing: geopolymer and unreacted potassium silicate (Figure 1a) , the potassium silicate as matrix and fine alumina dispersed particles (Figure 1b) , the potassium silicate as matrix and zirconia dispersed particles (Figure 1c ). In Figure 1b the 0.5 μm particle size is observed and the almost total absence of shrinkage and solidification defects to form rigid structures, possibly associated to big strength characteristics, is also outlined. In Figure 1c , the size of zirconia powder is difficult to evaluate because of the resulting irregular morphology with brittle fragments of consolidate and dehydrate potassium silicate. Figure 1a , referring to the geopolymeric coating, shows a compacted interconnected microstructure which can increase toughness and strength in comparison to the other coatings considered. The amorphous nature of these coatings may greatly influence the stress state of consolidate coatings, so that there are no detectable cracks and microcracks that could compromise the performance of the coatings when subjected to mechanical strain vibrations, because no differences induced by thermal and mechanical stresses into the polycrystalline state are expected to appear in working conditions. Figure 1a, referring to the geopolymeric coating, shows a compacted interconnected microstructure which can increase toughness and strength in comparison to the other coatings considered. The amorphous nature of these coatings may greatly influence the stress state of consolidate coatings, so that there are no detectable cracks and microcracks that could compromise the performance of the coatings when subjected to mechanical strain vibrations, because no differences induced by thermal and mechanical stresses into the polycrystalline state are expected to appear in working conditions. Figure 2a -f report the optical images related to the interface obtained by means of the three coatings solutions and two metal substrates investigated. As shown, there is an evident adhesion between ceramic coatings and the metal substrate. Figure 3a-f report the SEM images related to the interface obtained by means of the three coatings solutions and two metal substrates investigated. Defects by shrinkage phenomena at the metal coating interface are not shown. It can be outlined that the adhesion between the proposed coating solutions and the Al1000 substrate appears to be more effective than with respect to the C67 substrate. interface are not shown. It can be outlined that the adhesion between the proposed coating solutions and the Al1000 substrate appears to be more effective than with respect to the C67 substrate. 
Identification Procedure
In this work, applied force and displacement data obtained by means of dynamic mechanical measurements over a wide frequency range are used to estimate the complex modulus E(ω) of measured beam specimens. The values of E(jω) are estimated by means of a procedure fully defined by the authors of this work in a previous paper [29] and are here briefly outlined.
E(jω) defines the specimen stress (σ )-strain (ε ) equivalent material relationship in the frequency domain (Equation (1)): 
E(jω) defines the specimen stress (σ)-strain (ε) equivalent material relationship in the frequency domain (Equation (1)
Slender beams of uniform rectangular cross section with clamped sliding boundary conditions are considered. The contribution of the inertial actions is also taken into account.
The complex, experimentally estimated values of E i = E(ω i ) at frequencies ω i are found by finding the solutions of Equation (2) by means of the Newton Raphson method, starting from known static modulus E 0 = E(jω = 0):
ν(jω i ) andq(jω i ) are respectively the measured transverse displacement and applied periodic force (at frequency ω i ) at the beam sliding end. M is the beam mass, I is the beam section moment, L is the beam length and k s are the roots of
A specific robust identification and condensation procedure [37] is applied on the E(jω) experimentally estimated values to identify the specimens stress-strain relationship in the frequency domain. E(jω) (Equation (1)) is modeled by means of a high order generalized Kelvin model and its parameters are identified. The global model order can be condensed to obtain a new model of comparable accuracy but significantly lower order.
Experimental Set-Up, Measurement and Discussion

Experimental Set-Up
The dynamic mechanical tests are realized with a standard dynamic mechanical analyzer apparatus (TA Instrument DMA Q800, New Castle, DE, USA) in a forced flexural excitation, harmonic sine, experimental set up Figure 4 , clamped sliding boundary conditions, 0.01% maximum strain, 0.01-200 Hz frequency range with minimal frequency resolution ∆f = 0.01 Hz and air flow 35 • C isothermal conditions. Transverse displacement and applied periodic force amplitude, at frequency ω i , are measured at the beam sliding end. Slender beams of uniform rectangular cross section with clamped sliding boundary conditions are considered. The contribution of the inertial actions is also taken into account.
The complex, experimentally estimated values of
at frequencies ωi are found by finding the solutions of Equation (2) by means of the Newton Raphson method, starting from known static modulus E0 = E(jω = 0): is the beam length and ks are the roots of ( ) tan( ) tanh( ) 0
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Experimental Set-Up
The dynamic mechanical tests are realized with a standard dynamic mechanical analyzer apparatus (TA Instrument DMA Q800, New Castle, DE, USA) in a forced flexural excitation, harmonic sine, experimental set up Figure 4 , clamped sliding boundary conditions, 0.01% maximum strain, 0.01-200 Hz frequency range with minimal frequency resolution Δf = 0.01 Hz and air flow 35 °C isothermal conditions. Transverse displacement and applied periodic force amplitude, at frequency ωi, are measured at the beam sliding end. The experimentally E(jω) estimated values are obtained by means of the procedure reported in Section 3. The specimen dissipative properties are estimated by z(jω) = Im(E)/|E|, a normalized real coefficient belonging to the [0,1] range, so that being it different with respect to the standard approach based on tan δ = Im(E)/Re(E) choice [38] and meaningful when used to compare different solutions. The results obtained for the homogeneous and the composite specimens are compared and shown in Figures 5-8.
Experimental Results and Discussion
The results obtained for specimens coated with GP (A1, A2, S1 and S2), reported in Figures 5  and 6 , show a general increase of the damping properties with respect to the uncoated specimens. The damping increase appears to depend on the type of the substrate and the surface texturing. 
The results obtained for specimens coated with GP (A1, A2, S1 and S2), reported in Figures 5  and 6 , show a general increase of the damping properties with respect to the uncoated specimens.
The damping increase appears to depend on the type of the substrate and the surface texturing. (a) (b) Figure 6 . z(jω) estimates for S1 (a) and S2 (b) specimen and homogeneous C67 specimen.
(a) (b) Figure 7 . z(jω) estimates for A3 (a) and A4 (b) specimen and homogeneous Al1000 specimen. 
The damping increase appears to depend on the type of the substrate and the surface texturing. The A1 specimen shows the largest z(jω) increase, A2 and S2 specimens show a similar increase of z(ω), while S1 component shows to be the less effective solution of this set. The results obtained from specimens A3, A4, S3 and S4 (APM, ZPM) are plotted in Figures 7 and 8 , showing the greatest improvement in damping behavior. As in the previous case, the effectiveness of the coating solution is also dependent on the substrate material, since both the APM (A3, S3) and ZPM (A4, S4) composite solutions appear to be more effective on Al1000 than on C67 substrate.
Coating solutions adopted in specimens A1-4 and S1-4 can be considered more effective than other solutions previously investigated by the authors of this work [22, 23] and other researchers in the same field (in the authors' knowledge). Figure 9 shows the z(jω) ratio estimate with respect to homogeneous specimens made with the GP, APM and ZPM coating materials. The three coating materials exhibit good damping capabilities, with the GP specimen displaying the lower z(jω) ratio and the ZPM specimen being associated to the most effective solution. Figures 5-8 indicate that the damping behaviour is strongly influenced by the dissipative actions (friction) exhibited at the interface between composite substrate and the coating layer, thus dominating the effect of the internal dissipative actions of the coating material. In Figures 5 and 6 , same substrate and coating layers but different substrate surface texture influences the damping behaviour, while in Figures 7 and 8 , while there is the same coating and surface texture, the damping behaviour is influenced by the substrate material. It appears that A3 is the most effective solution of the evaluated set, and the APM coating is less effective than ZPM from the inherent material standpoint (Figure 9 ), so that enforcing the assumption that dissipative actions mainly depend on the interlaminar interface structure and do not depend on the distributed material coating properties. Figure 10a shows a condensed global model of order n = 13 for the A3 specimen and Figure 10b shows a condensed global model of order n = 14 for the S3 specimen. In both cases an identified global model of significantly higher order (n = 43) is initially obtained and then processed by means of the condensation procedure and of the evaluation and processing of pole stability diagrams. The A1 specimen shows the largest z(jω) increase, A2 and S2 specimens show a similar increase of z(ω), while S1 component shows to be the less effective solution of this set. The results obtained from specimens A3, A4, S3 and S4 (APM, ZPM) are plotted in Figures 7 and 8 , showing the greatest improvement in damping behavior. As in the previous case, the effectiveness of the coating solution is also dependent on the substrate material, since both the APM (A3, S3) and ZPM (A4, S4) composite solutions appear to be more effective on Al1000 than on C67 substrate.
Coating solutions adopted in specimens A1-4 and S1-4 can be considered more effective than other solutions previously investigated by the authors of this work [22, 23] and other researchers in the same field (in the authors' knowledge). Figure 9 shows the z(jω) ratio estimate with respect to homogeneous specimens made with the GP, APM and ZPM coating materials. The three coating materials exhibit good damping capabilities, with the GP specimen displaying the lower z(jω) ratio and the ZPM specimen being associated to the most effective solution. Figures 5-8 indicate that the damping behaviour is strongly influenced by the dissipative actions (friction) exhibited at the interface between composite substrate and the coating layer, thus dominating the effect of the internal dissipative actions of the coating material. In Figures 5 and 6 , same substrate and coating layers but different substrate surface texture influences the damping behaviour, while in Figures 7 and 8 , while there is the same coating and surface texture, the damping behaviour is influenced by the substrate material. It appears that A3 is the most effective solution of the evaluated set, and the APM coating is less effective than ZPM from the inherent material standpoint (Figure 9 ), so that enforcing the assumption that dissipative actions mainly depend on the interlaminar interface structure and do not depend on the distributed material coating properties. Figure 10a shows a condensed global model of order n = 13 for the A3 specimen and Figure 10b shows a condensed global model of order n = 14 for the S3 specimen. In both cases an identified global model of significantly higher order (n = 43) is initially obtained and then processed by means of the condensation procedure and of the evaluation and processing of pole stability diagrams.
the
of the evaluated set, and the APM coating is less effective than ZPM from the inherent material standpoint (Figure 9 ), so that enforcing the assumption that dissipative actions mainly depend on the interlaminar interface structure and do not depend on the distributed material coating properties. Figure 10a shows a condensed global model of order n = 13 for the A3 specimen and Figure 10b shows a condensed global model of order n = 14 for the S3 specimen. In both cases an identified global model of significantly higher order (n = 43) is initially obtained and then processed by means of the condensation procedure and of the evaluation and processing of pole stability diagrams. 
Modeling of Multi-Layer Coated Beam Composites
Motivations
The contribution of interface dissipative actions to the damping behaviour of coated components is clearly outlined from the results presented in the previous sections. Nevertheless, while the procedure used to obtain the condensed, generalized standard linear solid model E(jω) may be indeed effective to estimate the damping properties of different specimens and to compare them, it cannot be used to design and predict the damping behaviour of new, not previously tested, coating solutions. An effective model must be able to take into account the coating solution architecture, i.e., the number of layers, the thickness, the material and the coating technology adopted for the different layers as well.
In literature many models are known for multi-layered beams and plates [29, [39] [40] [41] [42] [43] [44] but no attempts can be found with respect to modelling the interface dissipative actions. In this section, a multi-layered beam model based on zig-zag beam and plates theory addressing this issue is presented. The model takes into account the layers of geometric and material properties and is able to deal with interface slipping and local friction. The model uses an elasto-hysteretic contribution to define the dissipative actions at the interface between the layers. 
Modeling of Multi-Layer Coated Beam Composites
Motivations
In literature many models are known for multi-layered beams and plates [29, [39] [40] [41] [42] [43] [44] but no attempts can be found with respect to modelling the interface dissipative actions. In this section, a multi-layered beam model based on zig-zag beam and plates theory addressing this issue is presented. The model takes into account the layers of geometric and material properties and is able to deal with interface slipping and local friction. The model uses an elasto-hysteretic contribution to define the dissipative actions at the interface between the layers.
Multi-Layer Beam Flexural Model
A schematic representation of a multi-layered beam model is reported in Figure 11 . A multi-layered beam made up of N layers and with uniform rectangular section is considered. L, g, h, are respectively the beam length, width and thickness, V = L × g × h, ρ i is the i-th layer density. In each layer (i = 1, . . . , N) , the material constitutive equations are assumed to be:
where E i and G i are the i-th layer longitudinal and shear elastic moduli, σ = σ xx and τ = τ xy are the flexural stress and shear stress components, ε = ε xx and γ = γ xy are the strain components. Since small displacement and deformation fields are considered, transverse displacement w is assumed as being stationary with respect to y, λ. Transverse and longitudinal displacement w, u are assumed as follows: The following 2×N + 3 state variables result:
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The kinematical relationships between strain and displacement components is assumed to be: The following 2×N + 3 state variables result:
The kinematical relationships between strain and displacement components is assumed to be: 
where
From Equation (7):
From Equations (6), (8) and (9), a system of N − 1 equations can be obtained:
By equating the Equation (10) right side sum to Equation (10) left side sum, and taking into account of Equation (9):
c is a stationary value defined by the shear moduli and thickness values of the beam layers. By defining the following variable change:
Putting Equations (10)- (12), the following iterative formula results:
Now by relaxing the continuity of the kinematical u component at λ = λ i interface, the longitudinal sliding ν(λ) = u (λ) + − u (λ) − at the interface is:
At λ = λ i interface, an elasto-hysteretic constitutive relationship is assumed by means of complex impedance Φ i :
where j = √ −1. Defining the following variable change: (3), (14) and (15):
From Equations (11), (13) and (17), stationary a i , b i , c, values result. Only three independent state variables, collected in vector X, result:
The following expression of the kinematical components result:
Equation of Motion
To obtain the equation of motion, the system total potential energy (Π) is considered:
U is the contribution of the internal elasto-hysteretic actions:
W I is the contribution of the inertial actions:
W E is the contribution of the external forces:
where Q is a lumped force applied at χ and q is a distributed pressure applied at χ 1 ≤ χ ≤ χ 2 .
Coatings
∆Π is the contribution of the distributed, viscous elastic, constraints modeling boundary conditions:
where · ( ) = ∂( )/∂t and K w , K u , C w , C u , are the constraint elastic and viscous parameters respectively. It is assumed that the state unknown solution variables of Equation (18) satisfy:
and generally unknown functions α r are restricted to a set of known harmonic functions:
And using Equations (23) and (27) :
where:
Using Equations (26)- (29), from Equations (21)- (24) results:
and the resulting equation of motion is:
Because of the elasto-hysteretic assumption (Equation (15)), complex M u , ∆C u , K ε , ∆K u matrices result. To find the beam frequency response function F χ w , χ q , jω , i.e., the complex transverse response w(χ w , jω) related to unitary, lumped, harmonic excitation at frequency ω applied at abscissa χ q , the following procedure is applied. Both sides of Equation (35) 
ΔC
The frequency response function matri
Equation (37) can be expressed as:
And from Equation ( 
The frequency response function matrix F(jω) is:
And from Equation (38):
Pre-multiplying both sides of Equation (39) by F 0 = O −1 :
With further manipulation of Equation (40): In Equation (41) F 0 can be expressed in closed form by means of modal decomposition [45] . The beam frequency response function is:
Evaluation of F χ w , χ q , jω makes it possible to virtually estimate the damping behaviour of the beam under study, i.e., by using the previously defined function z(jω) or by defining a new damping estimator r χ w , χ q , jω = Im F χ w , χ q , jω / F χ w , χ q , jω , where r ∈ , r ∈ [0, 1].
Model Application Examples
Two different beam architectures are presented as examples, B1 and B2. Their data are reported in Table 3 where h i is the thickness of the i-th beam layer. For both the examples L = 1.1 m and g = 0.08 m. The number of layers are N = 3 (B1) and N = 7 (B2). The constant parameters K u , K w , C u , C w take into account the beam distributed viscoelastic boundary conditions (clamped-free) and are applied at 0 ≤ χ ≤ 0.09. Constant parameters C u and C w are used to define uniformly distributed viscous actions (0 ≤ χ ≤ 1) that model the system inherent damping. Table 3 . Beam model data. The effect of introducing hysteretic dissipative actions at the layer interfaces can be observed by comparing the results reported in Figures 12 and 13 . The real, the imaginary part of the inertance In χ w , χ q , jω = −ω 2 × F χ w , χ q , jω frequency response function (FRF), calculated at χ w = 1 and χ q = 1, and the damping estimator r(jw) are plotted. 
Beam Layer Data
Beam h i (mm) E i (GPa) G i (GPa) ρ i (
Model Application Examples
Two different beam architectures are presented as examples, B1 and B2. Their data are reported in Table 3 The effect of introducing hysteretic dissipative actions at the layer interfaces can be observed by comparing the results reported in Figures 12 and 13 . The real, the imaginary part of the inertance ( ) Figures 12b and 13b show the results for beams B1 and B2 respectively, taking into account of interface slipping and hysteretic dissipation. Table 4 reports B1, B10, B2, B20 natural frequencies and damping ratios. B1 and B2 damping ratios are estimated by means of the Single Degree of Freedom (SDOF) circle fit method [45] , while B10 and B20 damping ratios are normally obtained from within the solutions of a generalized eigenvalue problem [45] . 
Conclusions
Eight different innovative composite solutions were experimentally investigated, and the results were compared; these findings were never before published. A significant increase of the damping behaviour is observed for all of these solutions with respect to the uncoated components, and also with respect to already known solutions, previously investigated by these authors and other researchers. The coating solution employing Al2O3 powder + matrix, made by screen printing and curing technology on Al alloy substrate, proved to be the most effective technology with respect to the aim of this work. It can be outlined that the interface between substrate and coating heavily affects the effectiveness of the composite solution. Moreover, test results and comparison also outlined the influence of the substrate surface texture interface on the damped response. These results confirm the role of interface frictional actions in determining the composite damping behaviour. It should be outlined that the experimental estimate of the adhesion strength between coating and substrate can be evaluated by means of an adhesion test apparatus, and will be performed in future work.
An extended multi layered beam model was developed in order to design and optimize new, more effective coating solutions, engineered to maximize the damping contribution of frictional actions at the coating layer interfaces, or at the coating substrate interface. This model is based on high order multi-layer beam theories and takes into account of the contribution of interface frictional actions. The aim is to use the model as an experimental tool to identify the model parameters of the local dissipative actions acting at some interfaces between two different layers and as a design tool in order to explore new optimized coating solutions according to fixed engineering specifications. Some application examples of the model were presented. Nevertheless, experimental-numerical tools able to identify the complex elasto-hysteretic interface impedance must be developed in order to make this model suitable for engineering applications and will be presented in a future paper. Moreover, the application of this coating technology in real engineering applications, such as thinwalled components used in the automotive or automatic machine industry, should also be taken into (In(1, 1, jω) ) real and imaginary part, and r(jω) for beam B2 0 (a) and B2 (b).
Figures 12a and 13a show the results for beams B1 0 and B2 0 respectively, when no slipping occurs (ϕ i = 10 16 N/m 3 , η i = 0, ∀i), Figures 12b and 13b show the results for beams B1 and B2 respectively, taking into account of interface slipping and hysteretic dissipation. Table 4 reports B1, B1 0 , B2, B2 0 natural frequencies and damping ratios. B1 and B2 damping ratios are estimated by means of the Single Degree of Freedom (SDOF) circle fit method [45] , while B1 0 and B2 0 damping ratios are normally obtained from within the solutions of a generalized eigenvalue problem [45] . 
Eight different innovative composite solutions were experimentally investigated, and the results were compared; these findings were never before published. A significant increase of the damping behaviour is observed for all of these solutions with respect to the uncoated components, and also with respect to already known solutions, previously investigated by these authors and other researchers. The coating solution employing Al 2 O 3 powder + matrix, made by screen printing and curing technology on Al alloy substrate, proved to be the most effective technology with respect to the aim of this work.
It can be outlined that the interface between substrate and coating heavily affects the effectiveness of the composite solution. Moreover, test results and comparison also outlined the influence of the substrate surface texture interface on the damped response. These results confirm the role of interface frictional actions in determining the composite damping behaviour. It should be outlined that the experimental estimate of the adhesion strength between coating and substrate can be evaluated by means of an adhesion test apparatus, and will be performed in future work.
An extended multi layered beam model was developed in order to design and optimize new, more effective coating solutions, engineered to maximize the damping contribution of frictional actions at the coating layer interfaces, or at the coating substrate interface. This model is based on high order multi-layer beam theories and takes into account of the contribution of interface frictional actions. The aim is to use the model as an experimental tool to identify the model parameters of the local dissipative actions acting at some interfaces between two different layers and as a design tool in order to explore new optimized coating solutions according to fixed engineering specifications. Some application examples of the model were presented. Nevertheless, experimental-numerical tools able to identify the complex elasto-hysteretic interface impedance must be developed in order to make this model suitable for engineering applications and will be presented in a future paper. Moreover, the application of this coating technology in real engineering applications, such as thin-walled components used in the automotive or automatic machine industry, should also be taken into account. Residual stresses at the interface between the coating layers and substrate may be taken into account in the multilayer beam model proposed in this work, since this contribution can be high and may be expected to play a major role in the adhesion behaviour of coated solutions when dealing with PVD based coating deposition technologies. It also appears that such extended beam models could also be used to experimentally identify this unknown residual stress field from measuring the deformed profile of a cantilever beam resulting from the application of a coated layer. Some analytical, numerical and experimental work is currently under development by our research team.
